Abstract. Let E be an oriented, smooth and closed m-dimensional manifold with m ≥ 2 and V ⊂ E an oriented, pathwise connected, smooth and closed (m − 2)-dimensional submanifold which is homologous to zero in E. Consider S n−2 ⊂ S n the standard inclusion, where S n is the n-sphere and n ≥ 3. In this paper we prove the following extension result: if h : V → S n−2 is a smooth map, then h extends to a smooth map g : E → S n transverse to S n−2 and with g −1 (S n−2 ) = V . Using this result, we give a new and simpler proof of a theorem of Carlos Biasi related to the ambiental bordism question, which consists in studying the possibility of, given a smooth closed n-dimensional manifold E and V ⊂ E a smooth closed m-dimensional submanifold, to find a compact smooth m + 1-dimensional submanifold W ⊂ E such that the boundary of W is V .
Introduction
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this setting, the inclusion map i : V → E can be seen as the zero section. Write
(V ) is the Euler class of η,
. In fact, a basic property of Thom classes (and that is used sometimes as the definition of these classes)
. Also it is true that the composite homomorphism 
, which shows the assertive. Since from the hypothesis µ V = 0 in H m−2 (E), we get e = 0, and we assert that this implies that η is a trivial vector bundle. In fact, it is well known The following diagram 
, we obtain
Thus, since g(r(v)) = (v, 1), by Kunneth formula for homology, we obtain that 
